The paper consider, a family of complex lines passing through the final (n + 1) the number of points lying in the n-circled field D in C n and f integrable on the boundary.
This paper contains some results related to a holomorphic extension of integrable functions f , defined on the boundary of D ⊂ C n , n > 1, into this area. It's about integrable functions with one-dimensional holomorphic extension property along the complex lines.
In the complex plane C results about functions with one-dimensional holomorphic extension property is trivial. Therefore, our results are significantly multidimensional.
In papers [1] [2] [3] considered sufficient conditions for families of holomorphic extension of integrable functions of complex lines, passing through an open set, belonging to the field D, through the germ generating manifolds in the complex hypersurface.
For instance, Globevnik [4] shows that for continuous functions on the boundary of n points is not sufficient for holomorphic continuation. The paper [5] consider, a family of complex lines passing through the final (n + 1) the number of points lying in the n-circular field D in C n and f continuous on the boundary. In this paper we generalize this result for integrable functions.
Let D be a complete strictly convex bounded region in C n with smooth boundary and with center at zero, ie, together with each point [7] follows that Lebesgue measure µ on the boundary of this area is massive. Henceforth we will always assume, that the measure µ is massive.
We define kernel Szegö of field D
where
We recall the definition the functions of the class
where dσ is an element of surface ∂D, and ν(ζ) is unit vector to ecternal normal to the surface ∂D at point ζ.
It is well known that the normal boundary values of the function f ∈ H p (D) belong to the class L p (∂D) (by measure dσ). The existence of Szegö kernels in n-circular domains is given by the following theorem:
and
, is necessary and sufficient in order to measure µ is massive.
Theorem for continuous functions is given in [6] , and in the case of a class of functions H p is obtained approximation of functions f (z) functions f (rζ) at r → 1 − 0, r < 1, in the metric H p . Thus a series of (1) by the Theorem 1 converges absolutely for ζ ∈ D and z ∈ D and uniformly for ζ ∈ D and z ∈ K, where K is arbitrary compact from D.
It is clear that the border ∂D = ∪ |ζ|∈∂D + ∆ |ζ| . It should be noted the obvious property of the
We introduce a Poisson kernel
Note that the the core P (ζ, z) is defined for ζ ∈ D and z ∈ D, since h(z, z) > 0.
Proof. By using the formula (2), we have
By Lemma 1 from [5] , kernel Szegö at ζ = z:
Assume that the region D satisfies the condition (A): h(ζ, rz) is uniformly bounded in z outside any neighborhood of ζ at ζ, z ∈ ∂D and ζ ̸ = z, r → 1.
Theorem 2. If the area D satisfies the condition (A) and f ∈ L p (∂D), then the Poisson integral
F (z) = P [f ](z) = lim r→1 1 (2πi) n ∫ ∂D + dµ ∫ ∆ |ζ| f (ζ)P (ζ, rz) dζ ζ
is a real-analytic function in the region D and its boundary values in the metric L p coincides with f on the ∂D.
Proof. Real-analytic F (z) follows from the real-analyticity of the Szegö kernel and Poisson kernel. From the condition (A) and Lemma 1 [5] follows that P (ζ, rz) tends uniformly to zero outside an arbitrary neighborhood of the point ζ for ζ, z ∈ ∂D, ζ ̸ = z and r → 1. We use the notation dζ If the area D is strictly convex, then the tangent plane intersects the boundary of the domain only at the point ζ. The Szegö kernel area of the D is expressed by Leray kernel according to Corollary 26.13 [6] and the view the denominator Szegö kernel thus does not vary, so such fields satisfy the condition (A).
Differential form of
where c = (n − 1)! (2πi) n . We find this form of narrowing on the∂D for the field of view
where ρ(z) is twice smooth function grad ρ = ( ∂ρ
Function ρ can be chosen such that | grad ρ| ∂D = 1. Let be ν = ω ∂D , then, as is easily verified (look at example, [9, Lemma 3.5]),
where dσ is the measure of Lebesgue on ∂D. In the case of n-circular areas dσ = dσ + · dσ ′ , where dσ ′ is measure defined by the form
and dσ + is the measure of Lebesgue on ∂D + . Therefore
We denote
The proof of Lemma given in [5] .
Corollary 1. If the area D is complete n-circular strictly convex domain, then the measure µ is a massive measure on ∂D
+ .
We consider a modified Poisson kernel

Q(ζ, z, w) = h(ζ, z)h(ζ, w) h(w, z) .
Then at w =ζ we get Q(ζ, z,z) = P (ζ, z) и h(z, z) > 0. Therefore, there exists a neighborhood
We consider the function
This function is a holomorphic on (z, w) ∈ U , and at w =z function Φ(z, w) = F (z) and
whereas as shown in [10] (look also, [9, §15] )
where λ(b) is a differential form the type (n − 1, n − 1), not depend on the t.
In following we shall assume that there is a direction b 0 ̸ = 0 such that
We denote by L Γ the set of complex lines of the form
passing through a point z ∈ Γ in the direction of the vector b ∈ CP n−1 (direction b is defined up to multiplication by complex number λ ̸ = 0). By Sard's theorem for almost all z ∈ C n and for a fixed b ∈ CP n−1 intersection l z,b ∩ ∂D represents a set of finite number of piecewise smooth curves (except for the degenerate case where [1] ). We say that the function f ∈ L p (∂D) possesses dimensional holomorphic extension property along the complex lines l z,b ∈ L Γ of the type (7), if almost all lines l z,b such that ∂D ∩ l z,b ̸ = ∅ there exists a function f l with the following properties
2) normal boundary values in the metric H p of function f l coincides with f on the set ∂D ∩l z,b almost everywhere.
Let us consider the kernel of the Bochner-Martinelli
where dζ = dζ 1 ∧ . . . ∧ dζ n , and dζ[k] is obtained from dζ by ejection differential dζ k . For a function f ∈ L p (∂D) we define the Bochner-Martinelli integral as follows:
Function F (z) is a harmonic outside the border domain and converges to zero as |z| → ∞. We call set L Γ sufficient for holomorphic continuation, if the fact that f ∈ L p (∂D) has a one-dimensional holomorphic extension property along for almost all complex lines of the family L Γ follows that the function f holomorphically continued into D up to class functions H p . is a polynomial in w degree not higher ∥δ∥.
For continuous functions 3 is proved in [5] .
